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An Extralt

« journa dos Of a-Letter of My, James Gregoy to the Publifber, containing (sme
S e Confiderations of his, wpon M, Hugens bis Letser, printed * in
1668, Vindication of his Examen of the Book, entitled Vera Circuli &

Hyperbola Quadratura,

He firft occafion of the exchange of Letters on this Subjest was given in

the Journaldes Scavans of July 2. 1668. 70 which & civi’ veturs was
made in Numb. 37. of thefe Tralts : which baving becn judicionfly asimad-
verted wpon in another Journal des Scavans, viz.of Nov. 12, 1628, it was
thought equitable heve to make publick, what 2. Gregory /ra.'zﬁnce impart-
ed theveupon, ont of adefire exprefJed by kim, further to elucidate that cons
troverfie.  which how fatisfaStory it #s, we leave to the inelligent to judge
srofeffing, that we are no further concern'd in this conteft, than toler the Sa-
gacions Reader kswow the proceedings thereof, by veferring him ro the French
Journals aBout What is [aid tbeieof on the ons hand, and by delivering in thefe
Papers, what comes from the orher : which as'tis intended to be done withous
any animafity or offence, o we defire the Candid Readex Will pardon us for di-
verting hinathus much by this difpute from whar elfe he might jnftly expeit in
thefe Philofophical Oconrrences. The Anfwer it felf of M. Gregory, fol-
lows in the [ame langnage, Vherein be thought fit to comminmicate it, viz,*

Exduobus Argumentis , quibus conatur Nob. D. Hugenins do@rinam
meam evertere , primo quidem, refponfionis fundamentum dedi in' Pyo-
am.2d Geom. partem mmiyerfalem : alterum autem provenit folammodo &
Prop. 11. non ree, opinor, ab Hugenis intelleCta. quam tandem admitric
polt Corre®iones (#t inguir)a me factas, U autem, {imal cum refoluti-
one Obje@ionum, omnem evertam dubirandi rationem, ex admiffa
Prop. 11, in forma combor probare fyllogiftica , Nullam effe rationern
Analyticam inter Circulum et diametrs Quadratum : Prater Modum quip-
pe et Fignram nil deelt in hactenusd me publicatis, quin id integre
demonfiretur ; que incerim forma raro a Geometris exigitur:  Dico
taque; ;

Si daretur ratio Analytica ( feu ratio notis Anlyticis exprimenda)
inter Circulum et Diametri quadratum , tunc Citcalus anzlytice compo-
neretur ex Quadratis, infcripto & circumferipto.  Sed pofterius eftabfur-
dum, F. Sequela Majorss {ic probatur; o .

Quenritas quafta & determinata invenitur ex quantitatibus quibufcun-
que eam determin: ntibus, in e vatione, feu relatione qnam habet quantites
decerminara ad di&s quantitates dererminantes. Sed Quadratum inferip-
tum & circurfcriptum ¢ irculum determin:nt. ideoque ex 1llis Circulus da-
retur in ea reloione, quam hebet ad diamewi Quadratum vel ci‘;i‘. fe
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wiflem, b, e. §i effet ratio analyrica mter Circulum & Diametri qua-
dracum ; ex di®is quantitatibus determinantibus analytice componere-
retur Circulus. Ex didtis enim quantitatibus omnia analytice componi
poflunc | quee ad eas rationem habent analyticam.

Secundi {yllogifmi Minor eft evidentiffima. Afajor sutem et Axio-
ma ab omnibus Geometris tacite admiffum.

Minor {yllogifmi prioris fic probatur.

Fodem modo componitur Circulus ex Quadrato inferipto etcircum-
fcripto, quo componitur Quadrans Circult ex Triangulo inferipto et
Trapezio vel potius Quadrato circumferipro. Sed ex 11ma Prop, Qui-
drans circuli feu Sector non poteft componi analytice ex Triangulo in-
feripro & Quadrilatero circumfcripto. E.

Major elt evidens, At poterit fortaffe diftingui Afimy , dicendo
Propof. 113m veram efle in methodo Indefinira; fed pofle effe fallam
in methodis particularibus. At infto. Omnis methodus indefinitain me-
thodos feu cafus particulares et refolubilis. Sed hzc methodus
indefinita, nempe quod SeGor fit terminatio datx feriei convergentis,
in nullam particularem refolvi poteft, Nulla igitur datur hic methodus
paticularis. AZajor patet, quia quantitates zquales in fe mutuo funt re-
folubiles. Minerem ita probo ; i hec Methodus indefinita refolveretur
in aliquam particularem , refolutio fieret vel ab Analyfi fpeciofa vel su-
merofa. Sed neutrum dici poteft. E. Aajor patet ex fufficienti enumera-
tione. Minor fic probatur : Non ab Analyfi Speciofa, quoniam haxc me-
thodus s#definita ad eam elt irreducibilis, ut patet ex Prop. 11m2,
Non & Numerofa, quze hic eft interminabilis proindeque invari:bilis,

In hanc ultimam diftin&ionem refolvitur 1% Obj. Hugenii. Velim e-
nim Nobilifl. ~ Viram confiderare, Omnem plenam Problematis folutio-
nem effe Zwdefinitam. Nam methodi Particalares, cum fint Jnfinire
exhiberi omnes nequeunt ; neque dirigi poffunt a tenore Problema:is
quippe illis omnibus communi : Jdeoque requiritur methodus Geweralss
feu Indefinita, Particalarium dire@rix. Agnofco utique methodos Par.
ticulares cafu fape inveniri abfque ope Generalis, attamen fatendum
eft Geometris , nullam effe nec poffe fieri Methodum Particularem, in
quam refolubilis non fit methodus Indefinita. Siigitur methedus Indefi-
nita omni refolutioni fic impervia ( ut in Prop. 11™ eft demonftratum )
eodem modo omnes Particulares refolutionem etiam refpuent ; proin-
deque tam Definita quam Indefinita nullam compofitianem agnofi.
Talis enim Compofitio, qualis Refolutio.

Etiam{i przdi®a, meo quidem judicio, abunde fufficiant, ne tamen
ullus relinquatar cavillationi locus, 1172 noftram Prep. etiam in Definitss
hic demonftrabimus. Sitergo B.Polygonum intra Circuli Se@orem, 2B,
Polygonum circumferiptum & priori fimile ; fufficit enim Polygonorum
proportionem definire; ut Theorema definite demonftretur. Continuetur
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B 2B Series convergens ut {it ejus terminatio feu Circulr Se-
C D cror Z. Dico, Z non pofle componi Analytice ex Po-
E F lygonis definitic 2B. Si fieri potelt, eomponatur Z.
G H Analytice ex Polygonis Definitis B, 2 B. fintq; dua
Z quantitates Indefinite 2 & x, e quibus componatur 7

e x eodem modo, quo Z componitur i quantitatibus B,
24% 2B, Item codem modo componatur »# ¢x quantitati=-

Viax —/——

;,z+ Yo% b vax a—_f}ﬁ_ ! quantitates =, », non funtin-

» definite 2quales ex prop, 1172 Siigitur inter m & »
fingatur xquatio ; « manente quantitate indefinita, equatio inter 7~ & »
tot h:bebit radices feu quantitates in quas refolvitur &, quot quantitatum,
inter fe diverfas rationes habentium, binarii funt in rerum natura | qua
vices quintitatum 4, x, fubire poffunt, h. e. queecandem quantitatem 4-
nalytice ex fe ipfis componunt eodem modo, quo eadem quantitas compo-
nitur exipfarum media Geometrica Vax, & ex media Harmonica inter di-

. . 24x% . .
&am mediam Geometricam & x, nempe v, compofitio fit

eodem modo quo Z componitur exB& 2B : atqueex ConfeQario Prop.
107 omnes quantitatum binarii ratiopcg quoque diverfis inter fe ha-
bentium, B 2B, CD, EF, GH, &c. ininfinitum, poffunt fupplere vi-
ces quaniitatum g, », quoniam Z eodem modo componitur exB 2 B, quo
exCD, EF, vel G H,&e. & proinde zquatio inter m & »radices habet
numero infinitas.  Sed omnis @quatio habet ad fummum totradices, quot
habet dimenfiones; & proinde xquatio inter » & » dimenfiones habet nu-
mero infinitas, quod eft abfurdum ; ideoq; Z feu Circuli Se&or non po-
teft Analytice componi ex Polygonis definitis B, 2 B. quod demonf{trand,
erat. Hinc manife(tum eft, Terminationem cujuflibet feriei convergentis,
i non poflit componi ex terminis convergentibus indefinite, nec pofle com-
poni definite ; adeoq, evanefcit fimul cum noftra diftin®tione Objectio
H ugenii prima. i )

Idem in Obje&ione fua fecunda non videtur advertiffe , me non fo-
lum in Prop. 11™, fed etiam in toto meo Traatulo intelligere per
Extra&ionem radicum, Refolutionem omnium poteftatum five pura-
rum five affe@arum ; omnium quippe eadem eft ratio | neque ulla ima-
ginabilis eft in demonftratione diverfitas , five Sector fupponatur Radix
alicujus poteftatis pura, five affettze ad puram irreducibilis, Nam fi Se@or
eoden modo fiat ex primis terminis convergentibus quo ex fecundis (utin
Confe®.prop 10" eft demonftratum)etiam omnes ejus poteftates five pure
five quocunque modo affe@x eodem modo componicur ¢ primis quo é fe.
rundis terminis convergentibus, qua (‘in Anslyacis exhibi-z, erunt @quales
quantitates eodem modo Analytice compofite ex primis quoex fecundis
terminis convergentibus; quod eft abfurdum , nempe contta Prop 11-9m
adwiflum. Senfus igitnr integer Prop, 11% eft ; Hoc Problema (£ dazss dyo-

bus
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bns polygonss complicatss juvenive Selkorem five Civeularem five Hyperbolicum
ab illis determinatum) non poteft reduct ad ullam 2 quationem A nalyticam.

In comparatione Hugesiana inter noftras methodos, agnofco, mees
approximationes prop. 20%. et 21% eafdem efle cim Hugenianss , fed
methodo mihi peculiari demonftratas, At me:m approximationem in
fine prop.25* non percipere videtur Hugenins ; aliam interimfibi fingirs
hanc primo meam non effe probat, deinde tamen eam cum fua compa-
rat, vi®oriaque potitur. Sed !ente hic feltinandum.

Sit # Polygonum, Circulo vel Se®ori infcriptum, ¢ Polygonum inferip-
tum duplo plura habens fatera, 4autem fit Polygonum circumfcriptum fi-

mile ipfic. Ex 207 prop, Seor eft major quim 4%—a; & ex 21m
3

s 2 . . .
Se®or elt minor quam d;l" ¢, inter quos terminos fit maximus quatuor

arithmetice continue proportionalium g-fi—:i——gi:‘ , nempe noftea ap-

proximatio; quam rigidiffimis Hugemi cenfuris fubjicio. Hallucinatur
autem Haugenins, quod Polygona 4 & 4 fimilia fumeret, cumdebeant efle
¢ & d, qua duplo plura habent fatera, Ne autemdica:, fa®am effe a me
correctionem, confideret hanc approximationem non folum verbis prop.
25t% fed & praxi prop. 30™ efle confonam, ubi approximationem
prop. 21™ ex ultimis {imilibus Polygonis conftrao : ridiculum enim effet, il-
fame penultimis minus precifamdare, cum eademopera detur magis pra-
cfaex ultimis. At miror, cum H ugenins incidiffet in meam Hyperbole
approximationem, quod eam non potuerit Circulo zpplicare; Nam in
Hyperbol1 abfque dubio 24 prop. approximationem ex ultimis fimilibus
polygonis conftruxit : Omnis enim ad Circx/um approximatio ex polygo-
nis deducta, Hyperbola eft’ etiam applicabilis, & viceverfa. Sed hocnon
videtur animadvertifle Hugenins ; alioqui in fine fuarum Animadverfio-
num non promitteret talem Hyperbolicam approximationem, de cujus ap-
plicatione ad Circulum nihil dicit, Quz cutem illicaffirmat (fi de femet
loquitur in plurali) tranfeant; fivero etiam de me adeo fidenter {ibi perfua-
deat, falli ipfom putem, cum hzceadem quadratura, de qua loquitur, an-
teqaam ab eo videretur, ad laboris dimidium a me fit redu®a.

Ne autem /4 ugenii praxis Geometrica minus peritis videatur noftram
fuperaffe, ex noftra approximatione, ab Hugenio rejecta, fequentem pra-

xin exhibebo.
In Fig. Hugeniana (quam vide infra) fic AC=A, ZAB=B, fitque

A--B: Bi: 2 B: C; eritque 8 C+1858 —A
differentia autem, in femi circumferentia minor- erit quam ipfrus 3., in
triente minor quam ipfius 515, & in quadrante minor quim ipfius ;. 2.....
Sed quoniam pracedens 20proximatio major eft quim arcus,aliam addamus

. Hhhh 2 eodem

major , quam arcus ABC,
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. o 12C B—~D _. .
eodem minorein, Sit A:BiiB: D, —Fl‘: minor erit quars
arcus ABC; differentia autem in femi-circumferentia minor eric quim ip-

{ius ;.2,, &inquadrante minor quam ipfius.i-;. Inter has approxima-

tiones fit maxima, penultima fex continue Arithmetice proportionalium,

qua minor erit quim arcus, differentia autem, in femi-circumferentia mi-

nor erit quim ejufdem ;. et in quadrante minor quamejufdem .2 ...

Sed hzc levia mihi videntur, cum poffim Approximationes exhibere, quz

ab ipfa femi-circumferentia differanc minori intervallo, quim qualibet e-

jus pars aflignata, neque nobis amplius apparent hac mirabilia, cum de-

monftratio {olida innotefcat. Ad reliqua ab Hugenis publicata, cum a meo

inftituto {int aliena, nibil dico, nifi quod tpla A ugeni; dicta (non obitante

exactiflim1 fua, ut ait, materiz hyjus examinatione 4 mex Appendicnle
factis, nifallor, longe fuperentur. Vale. Decemb. 15. 1668,

Figura Hugenii hzc elt, quam ipfe hoc fenfu, licet Gal ice, ficexplicat.

Sit Arcus Circuli, qui non excedat femi-uircumferentiam, ABC, cujus {ub-

B tenf1 fit AC; & divi-

: dantur ambo in partes

\ xquales per lineam

\ BD. Ducta fubtenfa

AB, capias inde ., eaf-

\ que jungas inde ab A

ad E in linea CA

5 - protracta, Dein, re-

EF A b G fecta linee DE parte

decima EF, ducas FB, & tandem BG, ipii perpendicularem : & habebis

lineam AG zqualem Arcui ABC, cujus exceflus tantillus erit, ut etiam tunc,

quando hicarcus equalis eric femi-circumferentie Circuli, futura non fic

differentia , ;. fuz longitadinis ; at quando non eft nifi tertia partis circum-

1

ferentiz, differentia non erit ... ; et {1 non Gt nifi quartx partis, nogy:

differet nifi 55, - fuz longitudinis.
An Extralt
Of the Anatomical Accoynt, written and left by the famons Dr,

Harvey, concerning Thomas Parre, who died in London a
the Age of 152 years and 9 moneths,

THis Account is annexed toa Book, lately publitht in Zatis
A by Dr, Fobn Berts M. D, one of his Majefties Phyfitians
in Ordinary, and Fellow of the London-Colledge of thofe of
that Profeffion:In which Treatife (to touch that briefly) the Au-
thor endeavors to fhew, that Milk, or fomething Analogous to
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